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ABSTRACT
Control of conventional transportation networks aims at bringing
the state of the network to the system optimal (SO) state. This opti-
mum is characterized by the minimality of the social cost function,
i.e., the total cost of travel of all drivers. On the other hand, dri-
vers are assumed to be rational and selfish, and make their travel
decisions to optimize their own travel costs, bringing the state of
the network to a user equilibrium (UE). In this paper, we model the
behavior of users in the future connected vehicular transportation
networks, where users consider both the travel cost and the utility
from data communication when making their travel decisions. We
divide the users into two groups based on the kind of data network
they are using. We leverage the data communication aspect of the
decision making to influence the user route choices, driving the
UE state to the SO state. We propose a V2I bandwidth allocation
scheme, which provides a guideline on how the system operator
can adjust the parameters of the communication network to achieve
the optimal UE.

KEYWORDS
traffic control; vehicular communication networks; system optimal;
user equilibrium

1 INTRODUCTION
In transportation systems, the prospect of wide-scale connected au-
tonomous vehicles (CAVs) is approaching its realization, due to the
advances in control and communication. In a traditional transporta-
tion network, the drivers make travel decisions (e.g., route choices,
travel timing) that minimize the transportation related costs, such
as travel time, travel distance, etc. With the emergence of CAVs that
form vehicular ad-hoc networks (VANETs), data communication
network connectivity is not only going to be an important factor for
enabling vehicular control, but also going to change the CAV users
traveling behavior. Some CAV users will expect the type of data
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communication service they are accustomed to at their homes and
offices. Thus, CAV users may choose routes not only depending on
travel time and costs, but also based on the quality of data service
(QoS) that will be provided on the route, since this directly affects
their productivity and/or quality of life. CAV users may choose to
take a route with longer travel time in order to have a better data
communication network connectivity (just as travelers may choose
a more expensive hotel, or a less convenient hotel location, if it
offers a high speed WiFi connection). Similar behavior in vehicular
networks has been recently discussed in [13], where the attainable
data rate is regarded as a principal metric in route selection of
(human) drivers. Hereafter in this paper, we will refer to the travel
decision makers (i.e., drivers or CAV users/systems) as “users."

Travel decision making among users can be analyzed in a game
theoretical setting [3, 29]. The travel decision of each user impacts
the state of the transportation network, and thereby may also im-
pact the transportation costs of all users. The Nash equilibrium
of this game is referred to as theWardrop equilibrium or the user
equilibrium (UE). Thus, UE occurs if no user can be better off by uni-
laterally changing his travel decision. In a traditional transportation
network, the UE state1 is achieved if every user tries to minimize
his/her travel cost (e.g., travel time).

In contrast to UE, we can also consider the system optimal (SO)
state. The system optimal state occurs if the social cost function,
typically the total of the travel costs of all users, is minimized. In
general, under the assumption that the users are selfish and rational,
it is known that UE and SO are not the same. This phenomenon
is sometimes referred to as the Braess’ paradox [6, 27]. The ratio
between the social costs at UE and at SO is called the price of anarchy
(PoA) [34].

In this paper, we model the users behavior in the vehicular com-
munication network, where the inter-dependency between the
network condition (including vehicular traffic network condition
and communication network condition) and the users’ valuation
of the cost (including travel cost and communication cost) leads to
a different UE. We assume all the vehicles are cache-enabled, and
can communicate via vehicle-to-vehicle (V2V) connections and via
vehicle-to-infrastructure (V2I) connections (see [23] for the evalua-
tion of utilizing caching techniques in V2V communication with
the presence of V2I infrastructure). The data connectivity depends
on a variety of parameters, such as the car density, V2V/V2I band-
width, caching ratio, etc. The connectivity dynamics, coupled with

1i.e., the state of the transportation network if the game is at UE.
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the traffic condition, affects users’ route planning. For example, a
dense traffic flow in a road segment leads to a longer travel time
on that segment, but can potentially enhance the communication
utility if the benefit of the V2V caching gain dominates the loss of
the V2I QoS. On the other hand, as more users choose to use the
road segment with low travel cost and low communication cost,
congestion may occur on that segment in both the vehicular traffic
and the communication traffic, which will discourage other users
from using this road segment.

The interaction between the transportation network and the
users decisions has been thoroughly studied [29]. However, the
effect of network communications, both from a connectivity dy-
namics point of view, and from a path decision point of view, have
not been considered. In this work, we focus on the influence of the
data service on users route planning. We adopt the notion that the
system operator can use the communication network parameters
as a knob to be leveraged so as to push the user equilibrium (UE)
closer to the system optimal (SO). This paper is an extension of our
previous conference paper [21] and our submitted paper [22], with
the main key contributions being that we model both V2V and V2I
traffic, and we model two types of network users. Specifically, we
make the following contributions:

(a) In Section 3 and Section 4, we incorporate the data communica-
tion aspect, including V2I bandwidth and content caching in
V2V communication, in the modeling of the trip cost of differ-
ent user groups, and characterize the UE states of the vehicular
communication network. We also characterize the communica-
tion equilibrium, which is the equilibrium of the users choice
of communication mode (V2V v.s. V2I).

(b) In Section 5, we propose a V2I bandwidth allocation scheme in
a two-route network to drive the traffic flows at UE closer to the
traffic flows at SO, and therefore decrease the price-of-anarchy.
We also derive the relationships between the V2I bandwidth
and the traffic car density at the equilibrium, which provides a
guideline on how to adjust the V2I bandwidth if the V2V routing
policy and the travel cost function are known.

(c) In Section 6, we present some numerical results for the perfor-
mance of the proposed scheme, given a specific model of the
users’ decision making process as an example. We also discuss
the insights drawn from the analysis regarding how the the
travel cost and the communication utility influence the users
behavior based on the numerical results.

The remainder of this paper is organized as follows. In Section 2
we review the related work on the data communication and user
behavior in vehicular communication networks. In Section 3 we
divide the users into real-time user group and content user group,
and present the model of the vehicular communication network. In
Section 4 we model the communication utilities of different user
groups, and characterize the communication equilibrium. In Section
5 we derive the relationship between the V2I bandwidth and the
traffic car density at UE in a two-route network, and propose a V2I
bandwidth allocation scheme to drive the flows at UE closer to the
flows at SO. The numerical results and the performance analysis of
the proposed scheme are presented in Section 6. We conclude our
work and discuss future extensions in Section 7.

2 RELATEDWORK
Enhancing the transportation network via communication network
capabilities enables a wide range of applications [14, 33], for exam-
ple, interactive entertainment, urban sensing [9], collision avoid-
ance in platoon formation [5], improving the intersection capacity
via platoons [19] and via learning of congestion levels if vehicles
communicate heterogeneously [35]. A wealth of research focuses
on vehicle-to-vehicle (V2V) communication [32] in the transporta-
tion networks. [26] presents the network-layer V2V connectivity
requirements in one-way and two-way street scenarios. In the two-
way street scenario, the store-carry-forward routing model is used,
where the packets are relayed by the vehiclesmoving in the opposite
direction. A physical-layer perspective is considered in [26] which
quantifies the maximum number of hops that ensure a desired bit
error rate in the V2V communication. Vehicle-to-infrastructure
(V2I) communication is an alternative to the V2V communication,
which is also well studied in a variety of context. For example, [13]
adopts the cognitive radio technology where the vehicles are the
secondary users and the TV base stations are the primary users.
Data rate is taken into consideration for route selecting. It pro-
vides a guideline on which spectrum sharing mode to use based on
the intensity of TV base stations. [30] demonstrates a V2I-based
identification system that pairs vehicles with multi-lane service
stations, where transactions are made within the vehicles electron-
ically. Considering both V2I and V2V communication, [24] studies
the throughput upper bound by applying the max-flow algorithm
on a time-expanded graph given the mobility trace.

Content caching in vehicular networks has been considered in
the past, which takes use of the large storage space of vehicles
and the dynamic topology of the networks. Hierarchical caching
and cache invalidation algorithms have been considered in [18]
by keeping track of the location of vehicles and sending updated
information of cached files to a more targeted area, instead of
broadcasting. A fully distributed caching strategy is proposed in
[10] using IEEE 802.11 promiscuous mode. Only the querying node
can cache the queried content with the objective of differentiating
its own cache from the others. Based on the information obtained
from the overhearing, every vehicle’s caching decision is made
independently of each other. [2] studies the probability of outage
under the freeway mobility model and under the random mobility
model in a cooperative caching system. The outage is defined as
not finding a requested data at neighboring nodes within a certain
time period. It concludes that cooperative caching in a structured
vehicular mobility creates an ample opportunity for improvement
in outage over random mobility.

It is expected that CAV users’ needs for and valuation of data
service vary based on their socioeconomic characteristics and trip-
related features. There is wealthy literature on people’s behavior in
response to transportation service and data communication service.
These studies, however, reside in different research fields. Trans-
portation studies typically focus on traveler behavior including
mode choice, route choice, departure time choice, etc. For traveler
route choice, the main focus ranges from the effects of road pricing
[7], fuel costs [31], congestion level [1], reliability [20], land use
[8], to advanced traveler information system [17]. User responses
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to cost and quality of data communication service have been inves-
tigated in a wide spectrum of fields including information system,
psychology, and business management. Studies have looked into
effects of perceived fee [16], user prior experience and habits [15],
social influence [12], perceived monetary value, among others. In a
recent literature review, [28] summarized main areas and methods
on research related to people’s data communication behavior in
the past decade. However, no existing study has explored the user
behavior when facing the joint choice of transportation and data
service, which is the key feature of CAV users and is the main focus
of this work.

3 SYSTEM MODEL
In this section, we model the transportation network and the com-
munication network. We divide the users into two groups, and
model the V2V communication and the V2I communication sep-
arately. For ease of reference, key notations are summarized in
Table 1.

Notation Description
A set of links (road segments)
N set of all origin-destination (O-D) pairs
Ki set of all routes connecting O-D pair i ∈ N
qi trip rate between O-D pair i ∈ N
xa flow on link a ∈ A

δi,k (a) =1, if link a is on route k between O-D pair i;
=0, otherwise

Ba V2I bandwidth allocation on link a ∈ A
W data traffic that a vehicle can support in unit time

Ta (·) travel cost of link a ∈ A

Ji,k
route cost of route k ∈ Ki that connects O-D pair
i ∈ N

Ja link cost of link a ∈ A
U h
a cache hit utility on link a ∈ A

UV 2I
a V2I utility on link a ∈ A

UV 2V
a V2V utility on link a ∈ A

Yi
fraction of real-time users who travel between the
O-D pair i ∈ N

ya fraction of real-time users on link a ∈ A

xRi,k/x
C
i,k

flow of real-time/content users who choose route
k ∈ Ki between O-D pair i ∈ N

xCVi,k /x
CI
i,k

flow of the V2V/V2I content users on route k ∈ Ki
between O-D pair i ∈ N

ma
fraction of content users who chooses V2V connec-
tion on link a ∈ A

u intrinsic value of data
ν price for using V2I connection
la length of link a ∈ A
pa caching ratio on link a ∈ A
ρa car density of link a ∈ A

r (ρa ) transmission range. r (ρa ) << la , ∀a ∈ A

R (ρa ) searching distance. R (ρa ) < la/2, ∀a ∈ A

Table 1: Table of Notations

The transportation network consists of a number of road seg-
ments which we refer to as links. Infrastructure related parameters,

such as the free-flow speed, stay the same throughout a link. The
set of all links in the transportation network is denoted by A. Each
vehicle in this transportation network travels from an origin to a
destination via a set of links. We refer to a set of links that connect
an origin and a destination as a route. The set of all possible origin-
destination pairs (O-D pairs) is denoted by N . There is/are one or
more routes between each O-D pair. The set of routes between the
O-D pair i is represented by Ki . We assume that the trip rate qi
for every O-D pair i ∈ N can be drawn from historical data, and
thus is known to the operator apriori. Without loss of generality,
we only consider one-way traffic, i.e. all links are directed, since
any two-way link can be equivalently replaced by two one-way
directed links. The indicator variable δi,k (a) is defined such that
δi,k (a) = 1 if link a is passed by the traffic along route k ∈ Ki ,
otherwise δi,k (a) = 0. The vehicles travel along the links and form
the link flow vector x, where the entry xa represents the traffic flow
on link a.

In order to model the data communication, we divide the users
into two groups based on the kind of data network applications
they are using. If a user needs real-time data communication, for
example video conference, he/she will require V2I connection. We
refer to these users as real-time users, and we denote the fraction of
real-time users on link a by ya . On the other hand, if a user prefers
content that does not necessarily require a backbone connection
to the Internet, for example movies and music, he/she may choose
to use V2V connection or V2I connection. We refer to these users
as content users. The fraction of content users on link a is thus
1 −ya . Letma denote the fraction of the content users who choose
V2V connection on link a, and we refer to these users as the V2V
content users. The fraction of the content users who choose V2I
connection on link a is thus 1 −ma , and we refer to these users
as the V2I content users. For V2V content users, if the requested
content is not found in the neighboring vehicles due to cache miss,
this user then turns to use V2I connection. We assume that both the
real-time users and the content users will participate in serving and
forwarding the content requests. The position of the users on link
a, including the real-time users and the content users, is assumed
to follow a Poisson distribution with the density parameter ρa .
For modeling simplicity, we assume that a user stays as either a
real-time or content user throughout the duration of their trip.

The data communication is modeled as follows. In V2V commu-
nication, each vehicle sends requests to the neighboring vehicles
in a multi-hop fashion. The searching distance is denoted 2 by R.
Given a certain power control scheme or a routing protocol, R is a
function of the car density ρa , hence, R (ρa ). Similarly, the one-hop
transmission range is denoted by r (ρa ). When a vehicle receives a
request, it sends the data (e.g., via the reverse path) to the querying
vehicle if the requested data is stored in the cache. Otherwise, the
vehicle forwards the request to its neighboring nodes. If none of
the vehicles within the querying vehicle’s searching distance has
the requested content, the querying vehicle turns to use V2I con-
nection. We assume that a vehicle’s transmission range is limited to
the same road segment, and the searching distance does not reach
any other roads.

2Similar distance-limited model is used in [25]
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The cache hit probability can be derived as follows. Let p denote
the probability that a certain content is stored in the cache of a
vehicle. The density of the vehicles that have a certain content in the
cache is ρp. Since the position of the vehicles is assumed to follow a
Poisson distribution, the probability that there is no cache hit in the
searching distance of a querying vehicle is e−2R (ρ )ρp . Therefore,
the cache hit probability is 1 − e−2R (ρ )ρp for every content user on
the link3.

We adopt the protocol interference model [11], i.e., when a ve-
hicle is sending data via the V2V channel, all other vehicles inside
its transmission range cannot send data. Therefore, there are at
most la

2r (ρa ) simultaneous transmissions on a road segment with
length la . For simplicity, we drop the subscript a when there is no
confusion. Fig. 1 shows a part of the vehicular network, where all
nodes are V2V users. To illustrate the V2V communication model,
consider the communication between the following pairs of nodes:

• Node 1 and Node 2: Node 2 is within the transmission range
of Node 1 (and vise versa). Therefore, they can communicate
with each other directly in one hop. This is also true between
Node 1 and Node 5, Node 2 and Node 3, Node 3 and Node 4.
• Node 1 and Node 3: Node 3 is within the transmission range
of Node 2 and is within the searching distance of Node 1.
Therefore, Node 1 and Node 3 can communicate with two
hops, where Node 2 is the intermediate forwarding node.
• Node 1 and Node 4: Node 4 is outside of Node 1’s search-
ing distance. Therefore, although Node 4 is within Node
3’s transmission range, Node 1 and Node 4 are not able to
communicate with each other.
• Node 1 and Node 6: Node 6 is within Node 1’s searching
distance, however, there is no intermediate node to forward
requests or to relay data between them. Therefore, Node 1
and Node 6 are not able to communicate with each other.

r(!)

R(!)R(!)
1 2 3 456

r(!)
r(!) r(!) r(!)

r(!) r(!)
r(!)

Figure 1: Part of the vehicular communication network on a link.

In V2I communication, we consider the ideal scenario where all
vehicles on a road segment can communicate with the Road Side
Units (RSUs) on that segment at any time via V2I connection. We
assume that all requests can be served by V2I connection. Let Ba
denote the V2I bandwidth (bit/second) shared by the users within a
unit length on road segment a, which is adjustable by the network
operator in real-time with certain limits. In practice, it may not be
possible for the operator to accurately adjust the V2I bandwidth,
but rather there could be a more course grain level of control of the
bandwidth. However, this is not a restriction for the model, and to
illustrate this point, we assume that the bandwidth can be adjusted
by units of 10Mbps per unit of flow throughout the remainder of
the sections.

3This cache hit probability is also derived in [4]

4 COMMUNICATION UTILITIES
In this section, we first model the cache hit utility, the V2V utility,
and the V2I utility. Based on the communication utilities of differ-
ent user groups, we introduce the communication equilibrium in
Section 4.3.

4.1 Cache Hit Utility
Let U h and λ(ρ) denote the cache hit utility and the throughput
per node due to cache hit respectively. We also assign the data with
an intrinsic value u. Then, the cache hit utility can be defined as
the expected value of the throughput due to cache hit, weighted by
the intrinsic value of data, i.e.,

U h = uλ(ρ). (1)

We derive λ(ρ) as follows. Since the request packet is relatively
short, we only consider the data packets. A road segment has
ρl (1 − y)m V2V users and each V2V data packet traverses at most
R (ρ)/r (ρ) hops. Therefore the total V2V data traffic on a road seg-
ment with ρl (1 − y)m(1 − e−2R (ρ )ρp ) V2V connections is ρl (1 −
y)m(1 − e−2R (ρ )ρp )λ(ρ) R (ρ )r (ρ ) bits/second. We assume that each ve-
hicle can support aW bits/second traffic, then we need at least
ρl (1−y )m (1−e−2R (ρ )ρp )λ (ρ )R (ρ )/r (ρ )

W concurrent transmissions. There
are at most l

2r (ρ ) concurrent transmissions on a road segment,

therefore ρl (1−y )m (1−e−2R (ρ )ρp )λ (ρ )R (ρ )/r (ρ )
W ≤ l

2r (ρ ) , which gives

λ(ρ) = O (
W

R (ρ)ρ (1 − y)m(1 − e−2R (ρ )ρp )
). (2)

Since O ( W
R (ρ )ρ (1−y )m (1−e−2R (ρ )ρp )

) is achievable according to [25],
we use the actual quantity (subject to a constant) to define the cache
hit utility. Therefore, the cache hit utility is given by

U h =
uW

R (ρ)ρ (1 − y)m(1 − e−2R (ρ )ρp )
. (3)

4.2 V2V and V2I Utilities
We define the V2V utility as the expected value of the throughput
of a V2V content user. If a vehicle chooses to use V2V connection,
it is possible that the requested content is not cached in any of
the vehicles within its searching distance. Upon a cache miss, the
querying vehicle turns to use the V2I connection. Therefore, the
V2V utility is the weighted sum of the cache hit utility U h and the
V2I utilityUV 2I :

UV 2V = (1 − e−2R (ρ )ρp )U h + e−2R (ρ )ρpUV 2I . (4)

We define the V2I utility as the throughput of a vehicle that
uses the V2I connection, weighted by the difference between the
intrinsic value of the data and the price for using V2I connection.
As mentioned before, the V2I bandwidth is defined as the channel
capacity that is shared by the V2I users within a unit length. The
V2I users consist of all real-time users, the V2V content users who
encounter cache misses, and all V2I content users. The number of
those three groups of V2I users in a unit length is, respectively, ρy,
ρ (1 − y)me−2R (ρ )ρp , and ρ (1 − y) (1 −m). We assume that the V2I
channel capacity is divided equitably among the V2I users. Denote
the price charged for using the V2I connection by ν , then we have
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UV 2I =
(u − ν )B

ρ (y + (1 − y)me−2R (ρ )ρp + (1 − y) (1 −m))
. (5)

4.3 Communication Equilibrium
A real-time user can only choose V2I connection, while a content
user chooses the communication mode (V2V or V2I) that has the
higher utility. If both V2V connection and V2I connection are used
by a non-empty set of content users, by Wardrop’s first principle,
the V2V utility and the V2I utility for the content users are equal
at equilibrium, hence equating (5) and (4)

(1 − e−2R (ρ )ρp )U h + e−2R (ρ )ρpUV 2I = UV 2I , (6)

which yields

U h = UV 2I . (7)

We refer to this state as the communication equilibrium (CE). There-
fore, at CE, the fraction of V2V content users is

(1 − y)m =
uW /(1 − e−2R (ρ )ρp )
R (ρ) (u − ν )B + uW

. (8)

Substituting (8) into (3), then at CE we have

U h =
(
(u − ν )B +

uW

R (ρ)

) 1
ρ
. (9)

We assume that the fraction of real-time users and the fraction
of the content users for every O-D pair are fixed. Let Yi denote the
fraction of the real-time users that travel between O-D pair i ∈ N ,
hence qiYi is the trip rate of real-time users, and qi (1 − Yi ) is the
trip rate of content users.

5 FLOW CONTROL VIA V2I BANDWIDTH
ALLOCATION

In this section, we first introduce the route cost function, then we
derive a formula that can be used for V2I bandwidth allocation in
a network of two routes, each consisting of one link. Finally, we
propose a V2I bandwidth adjustment scheme to control the traffic
flow in the two-route network.

We assume that the travel cost is a non-decreasing function of
the car density, and that the link cost is the weighted sum of the
travel cost and the communication cost. Denote the weight towards
the travel cost by α . Denote the link cost of the real-time users, the
V2V content users, and the V2I content users on link a by JRa , J

CV
a ,

and JCIa respectively. We have




JRa = αTa (ρa ) − (1 − α )UV 2I
a

JCVa = αTa (ρa ) − (1 − α )UV 2V
a

JCIa = αTa (ρa ) − (1 − α )UV 2I
a

. (10)

We define the route cost as the sum of the cost of the links along
that route. The cost of route k ∈ Ki for real-time users, V2V content
users, and V2I content users are, respectively,




JRi,k =
∑
a∈A δi,k (a) J

R
a

JCVi,k =
∑
a∈A δi,k (a) J

CV
a

JCIi,k =
∑
a∈A δi,k (a) J

CI
a

. (11)

We now derive a formula that can be used for V2I bandwidth
allocation in a two-route network in order to change the car density
from the current value to the desired value. Consider a two-route
network that has one O-D pair connected by two non-overlapping
routes, each of which consists of one road segment. For the ease
of discussion, we do not distinguish between "route" and "link"
in this simple two-route network, and we use Ja to denote both
the route cost and the link cost, where a ∈ {1, 2}. We assume that
there are non-empty set of real-time users and non-empty set of
content users on each route at equilibrium. The flow conservation
constraints in terms of user groups in this network is given by

qY = y1x1 + y2x2. (12)

At UE and at CE,UV 2I = UV 2V = U h . Therefore, the route cost
Ja at UE and at CE is

Ja = αTa (ρa ) − (1 − α )U h
a , (13)

or equivalently, Ja = αTa (ρa ) − (1 − α )UV 2I
a , (14)

or equivalently, Ja = αTa (ρa ) − (1 − α )UV 2V
a . (15)

From Wardrop’s first principle, the cost of route 1 and the cost
of route 2 are the same at UE, i.e.

αT1 (ρ1) − (1 − α )U h
1 = αT2 (ρ2) − (1 − α )U h

2 . (16)

Substituting the cache hit utility at CE (9) into (16) gives
B1
ρ1
−
B2
ρ2
=

α

(1 − α ) (u − ν )
(
T1 (ρ1) −T2 (ρ2)

)
−

uW

u − ν

( 1
R (ρ1)ρ1

−
1

R (ρ2)ρ2

)
. (17)

In order to analyze the users behavior in response to the adjust-
ment of the V2I bandwidth, we now discuss how the users make
route decisions and communication decisions. All users entering
the network are presented with the travel costs and the V2I utili-
ties. In addition, the content users are also presented with the V2V
utilities. After observing the costs and utilities, the users choose
which routes to take. After a V2V content user enters a certain
route, he/she can switch to use V2I connection, thus becomes a V2I
content user, and vice versa. For a route k ∈ {1, 2}, let xRk ,x

C
k ,x

CV
k ,

and xCIk denote, respectively, the flow of real-time users who choose
route k, the flow of content users who choose route k, the flow of
the V2V content users on route k, and the flow of the V2I content
users on route k. The flows of different user groups in this two-route
network should satisfy




qY = xR1 + x
R
2 , q(1 − Y ) = xC1 + x

C
2

x1 = xR1 + x
C
1 , x2 = xR2 + x

C
2

xC1 = xCV1 + xCI2 , xC2 = xCV2 + xCI2

. (18)

The V2I bandwidth adjustment scheme is stated as follows. The
system operator can increase the car density on a route by in-
creasing the V2I bandwidth of that route, given that the searching
distance R (ρ) is designed in such a way that R (ρ)ρ is monotoni-
cally increasing w.r.t. ρ. Fig. 2 shows the dynamics of the two-route
network when the V2I bandwidth on route 1 is increased, where
LHS and RHS denotes the left hand side and the right hand side of
(17). Since the actual shape of the dependencies are unknown, we
use the dotted-lines to indicate the general shape of the changes.
For ease of discussion, we divide the time into three intervals:
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(i) The system is at UE, where the cost of route 1 is the same as
the cost of route 2. The system is also at CE, where the LHS
matches the RHS.

(ii) The system operator increases the V2I bandwidth on route 1
by ∆B, so there is a sudden increase in the V2I utility on route
1 and in the LHS. After observing this change, more real-time
users choose route 1, and the car density on route 1 increases.
As a result, the LHS gradually decreases. The change in the
travel costs and in the searching distances lead to a gradual
increase in the RHS.

(iii) The LHS matches the RHS. The system reaches a new UE state,
where the car density on route 1 is higher than the original
car density.

The effect of decreasing the V2I bandwidth can be analyzed in a
similar manner.

T1
T2

LHS
RHS

t

∆B

(i) (ii) (iii)

!1

R(!1)!1
R(!2)!2

Figure 2: Dynamics of a two-route networkwhen theV2I bandwidth on route 1 is increased,
given that the searching distance R (ρ ) is designed in such a way that R (ρ )ρ is monotoni-
cally increasing w.r.t. ρ . The dotted-lines indicate the general shape of the changes.

6 NUMERICAL RESULTS
In this section, we present the numerical results of the flow control
scheme proposed in Section 5, which can provide insights into
how the travel cost and the communication utility influence the
users’ behavior. We also discuss its performance in terms of the
achievability of the SO and the speed of the convergence.We assume
that the change in the flows is linear w.r.t. the difference in the
corresponding costs. Specifically, we assume




∂
∂t x

R
1 (t ) = a1 (JCI2 − JCI1 )

∂
∂t x

C
1 (t ) = a2

(
min{JCI2 , J

CV
2 } −min{JCI1 , J

CV
1 }
)

∂
∂t x

CV
1 (t ) = a3 (JCI1 − JCV1 )

∂
∂t x

CV
2 (t ) = a4 (JCI2 − JCV2 )

, (19)

where a1,a2,a3, and a4 are constant. The cost functions JCVi and
JCIi are defined in (10). We solve for xR1 (t ),x

C
1 (t ),xCV1 (t ), and

xCV2 (t ) over 100 minutes with the initial condition xR1 (0) = 20/min,
xC1 (0) = 30/min, xCV1 (0) = 15/min, xCV2 (0) = 10/min. The SO
can be computed as x1 = 60/min, x2 = 40/min. Initially, we have
x1 = 50/min, x2 = 50/min, so we need to increase the flow on
route 1. At the beginning of the 50th minute, we change the V2I
bandwidth on route 1 from 50Mbps to 60Mbps.

We solve the system (19) using MatLab ode15s solver with the
following parameters.

• q = 100/min,Y = 0.5
Explanation: On average, there are 100 vehicles entering the
network every minute. Half of these 100 vehicles are driven
by real-time users, and the other half are driven by content
users.
• α = 0.6, p = 0.01, u = $2, v = $1.5, l1 = 1200m, l2 = 1000m
Explanation: The weight towards the travel cost is 0.6. A
certain content is stored in the cache of a vehicle with prob-
ability 0.01. The intrinsic value of the data communication is
2 dollars, and the users are charged 1.5 dollars for using V2I
connection. The length of route 1 and route 2 is 1200 meters
and 1000 meters respectively.
• T1 =

x1
600h, T2 =

x2
400h

Explanation: We adopt the travel time as the travel cost.
It is known that traffic flow is the product of car density
and the average speed, i.e. xa = ρa

la
Ta . Therefore, we have

T1 (ρ1) =
√

ρ1l1
600 h, T2 (ρ2) =

√
ρ2l2
400 h. This is a simplified

model, whereas in practice, the travel time is a more compli-
cated function of the traffic flow.
• R (ρ) = 10

ρ0.9m

Explanation:We assume thatR (ρ)ρ is non-decreasingw.r.t. ρ.
Given the above design, the searching distance ranges from
10 meters to around 80 meters. In practice, the searching
distancemay be designed differently based on certain routing
scheme or power control policy.
• W = 40Mbps,B1 = 50Mbps,B2 = 48Mbps
Explanation: Each vehicle can support 40Mbps of data traffic.
The initial V2I bandwidth on route 1 and route 2 is 50Mbps
and 48Mbps respectively.
• a1 = 0.001,a2 = 0.001,a3 = 0.01,a4 = 0.01
Explanation: The real-time users only make route choice.
The content users not only make route choice, they can also
switch between communication modes while traveling. We
assume that when there is a change in the route costs, the
content users can switch between communication modes
more rapidly than the incoming flow can make route choice.
Therefore, we assign smaller values to a1 and a2 than to a3
and a4.

Fig. 3 and Fig. 4 shows, respectively, the flows of different user
groups on route 1 and on route 2. The flows converge to UE around
the 20th minute. The V2I bandwidth on route 1 is changed from
50Mbps to 60Mbps at the 50th minute, so there is a sudden increase
in the V2I utility on route 1, which attracts more real-time users and
V2I content users. Some V2V content users on route 1 also switch
to V2I connection due to the higher V2I utility compared to the
original V2V utility. As a result, the V2I utility on route 1 gradually
decreases and the V2V utility on route 1 gradually increases. After
around the 80th minute, the system reaches to a new UE, where the
flow on route 1 and on route 2 are 60/min and 40/min respectively,
as shown in Fig. 5.

Fig. 6 shows that at UE and CE, the route costs of real-time
users, V2I content users, and V2V content users are the same. At
the 50th minute, the increase of the V2I bandwidth on route 1
causes the sudden decrease of JCV1 and JR1 . After observing the
difference in the route costs, the users adjust their route choice and
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communication modes, which leads to the convergence of the route
costs after around the 80th minute. This convergence is also shown
in Fig. 7, where the LHS matches the RHS at UE and at CE.
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Figure 3: Flows of different user groups on route 1.
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Figure 4: Flows of different user groups on route 2.
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Figure 5: Convergence of flows. The system reaches to the UE, which matches the SO, at
around the 80th minute.
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Figure 6: Total cost of different user groups.
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Figure 7: LHS matches RHS at UE and at CE.

We now analyze the performance of the proposed flow control
scheme in terms of the achievability of the SO state and the speed
of flow convergence. The adjustment of the V2I bandwidth should
be within a certain range due to the physical limitation of the V2I
infrastructure. A small increase in the V2I bandwidth may not incite
enough users to change route or communication modes. In this case,
a more complicated adjustment scheme can be adopted, for example,
decreasing the V2I bandwidth of another route simultaneously. On
the other hand, if the V2I bandwidth is increased too much, the
high V2I utility may attract too many users to choose this route. In
Fig. 8, we note that an increment of 5Mbps in the V2I bandwidth
only pushes the flow on route 1 to 59/minute, which is less than
the flow at SO. A higher V2I bandwidth increment attracts more
users to choose route 1, but may overshoot, as demonstrated by the
yellow curve in Fig. 8.

The speed of flow convergence depends on a variety of param-
eters. Fig. 9 and Fig. 10 show, respectively, the effect of the price
of V2I connection and the effect of the weight towards the travel
cost on the speed of convergence. If the users are charged more
for using V2I connection, or if the users are more concerned about
travel cost than data communication, then they are more reluctant
to change route choices or switch between communication modes
when the V2I utility varies. Since less users make a change in a unit
time, it takes longer for the system to converge to the new UE.

0 20 40 60 80 100
t

52

54

56

58

60

Fl
ow

 o
n 

R
ou

te
 1

" B1=5Mbps
" B1=10Mbps
" B1=15Mbps

Figure 8: Achievability of SO under different V2I bandwidth adjustment.

7 CONCLUSION AND FUTUREWORK
In this paper, we model the user trip planning when both the traffic
condition and the data communication influence user trip decision.
A V2I bandwidth allocation scheme is proposed for a two-route
network, which provides a guideline on how the system operator
can adjust the network parameters to achieve the optimal social
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Figure 9: Flow convergence under different price of V2I connection.
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Figure 10: Flow convergence under different weights towards the travel cost.

welfare even if the users are non-cooperative. There are a number
of open problems in this work. While the proposed scheme can be
applied to a two-route network, its performance in a more complex
network will be further studied. The existing V2I infrastructure may
only allow a limited bandwidth adjustment, so the UE may never
match the SO. Therefore, the solution region needs deeper analysis.
Moreover, the convergence of the traffic flow in real world networks
using the proposed scheme warrants further investigation.
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